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SYSTEM AND METHOD FOR REGISTERING PATTERNS 
TRANSFORMED IN SIX DEGREES OF FREEDOM USING 

MACHINE VISION 

BACKGROUND OF THE INVENTION 

Field of the Invention 

This invention relates to machine vision systems and more particularly to uses for 
advanced machine vision search tools that register patterns transformed by multiple de- 
grees of freedom. 

Background Information 

The use of advanced machine vision systems and their underlying software is in- 
creasingly employed in a variety of manufacturing and quality control processes. Ma- 
chine vision enables quicker, more accurate and repeatable results to be obtained in the 
production of both mass-produced and custom products. Basic machine vision systems 
include one or more cameras (typically having soUd-state charge couple device (CCD) 
imaging elements) directed at an area of interest, frame grabber/image processing ele- 
ments that capture and transmit CCD images, a computer and display for running the ma- 
chine vision software application and manipulating the captured images, and appropriate 
illumination on the area of interest. 

Many applications of machine vision involve the inspection of components and 
surfaces for defects that affect quality. Where sufficiently serious defects are noted, a 
part of the surface is marked as unacceptable/defective. Machine vision has also been 
employed in varying degrees to assist in manipulating manufacturing engines in the per- 
formance of specific tasks. One task using machine vision is visual servoing of robots in 
which a robot end effector is guided to a target using a machine vision feedback. Other 
applications also employ machine vision to locate a stationary and/or moving pattern. 
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The advent of increasingly faster and higher-performance computers, has enabled 
the development of machine vision systems that employ powerful search tools. Such 
search tools enable a previously trained/stored image pattern to be acquired and regis- 
tered/identified regardless of its viewed position. In particular, existing commercially 
available search tools can register such patterns transformed by at least three degrees of 
freedom, including two translational degrees (x and y-axis image plane) and a non- 
translational degree (rotation and/or scale, for example). One particular implementation 
of an advanced search tool is the rotation/scale-invariant search (RSIS) tool. This tool 
registers an image transformed by at least four degrees of freedom including the two 
translational degrees (x and y-axis image plane) and at least two non-translational degrees 
(z-axis(scale) and rotation within the x-y plane about an axis perpendicular to the plane). 
Some tools also register more complex transformations such as aspect ratio (rotation out 
of the plane whereby size on one axis decreases while size in the transverse axis thereto 
remains the same). These search tools, therefore, enable a specific pattern within the 
field of view to be located within a camera field of view to be positively identified and 
located accurately within the vision system's internal reference system (an x, y, z, rota- 
tion coordinate system, for example). The RSIS and other advanced search tools par- 
ticularly allow for the identification and acquisition of patterns having somewhat arbi- 
trary rotation, scaling (e.g. distancing) and translation with respect to the reference sys- 
tem. In other words, the tool is sufficiently robust to recognize a desired pattern even if it 
is rotated and larger/smaller/skewed relative to a "model" or trained pattern within the 
vision system. 

In general, advanced machine vision tools acquire an image of a pattern via a 
camera and analyze the outline or a particular part of the pattern, such as a predetermined 
fiducial mark. The processing speed of the underlying computer in which the tool resides 
is sufficient to enable a very large number of real time calculations to be completed in a 
short time frame. This particularly enables the search tool to determine the coordinates 
within an image reference system for each analyzed point in the viewed area, and corre- 
late these through repetition with a desired pattern. The search tool may map the loca- 
tions of various points in the captured image to stored points in the model image, and 
determine whether the captured image points fall within an acceptable range of values 
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relative to the model image points. Using various decision algorithms, the tool decides 
whether the viewed pattern, in a particular rotation and distance (scale) corresponds to the 
desired search pattern. If so, the tool confirms that the viewed pattern is, in fact, the pat- 
tern for which the tool is searching and fixes its position and orientation. 

Machine vision systems having a four-degree-of-freedom, or greater, capability 
(such as RSIS) are available from a number of commercial vendors including Hexavi- 
sion® from Adept Technology, Inc. of San Jose, CA, and the popular Patmax® system 
from Cognex Corporation of Natick, MA. Advanced machine vision search tools such as 
Patmax® also have the ability to take advantage of the previous known position of a 
search subject or target. This narrows the search area to positions relatively near the last 
known location. Therefore, searching is relatively faster on the next cycle since a smaller 
area is searched. In addition, these search tools can tolerate partial occlusion of a pattern 
and changes in its illumination, adding further to their robustness with respect to less ad- 
vanced machine vision approaches. 

In general, when a camera views an object, it resolves an imaged pattern on the 
object into an image plane that, as defined herein, is represented by the x and y axes of a 
three-dimensional coordinate system. These are two translational axes in which the cam- 
era can register transformation of the pattern directly based upon observed position 
within the overall camera field of view. In addition, the camera axis perpendicular to the 
image plane can be represented as the z-axis, which, as noted is generally represented as 
a non-translational scale measurement (the larger the pattern, the closer it is to the camera 
and vice versa). This axes can also be measured by a special ranging camera. The three 
orthogonal axes (x, y and z) define three degrees of freedom with respect to the viewed 
object. In addition rotation of the viewed pattern of the object about three axes (typically 
characterized as roll, pitch and yaw rotations (v|/, ([>, 0) about the respective (x, y, z) axes) 
can also be present with respect to the image plane. These rotations account for three ad- 
ditional degrees of freedom. When an object is rotated by G, it appears, likewise rotated 
about the z/camera axis in the image plane with no change in width along the image- 
plane other axes. When it is rotated about only one of either \|/ or (j), it appears to have a 
changed aspect ratio (i.e. narrowed along one image plane axis as it rotates about the op- 
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posing image plane axis. Note that this form of rotation actually changes the viewed out- 
line of the pattern with respect to the search tool's reference frame (i.e. a circle becomes 
an oval). If rotation about both image-plane axes occurs, then the pattern shows a shear. 
Using a four-degree-of-freedom search tool, it can be difficult to accurately register and 
locate a trained pattern that exhibits transformation along all six degrees of freedom in- 
cluding aspect and shear with respect to the image plane, as the trained pattern, itself un- 
dergoes change to its overall shape and size in a manner that may not be easily predicted 
or recognized by a search tool. 

Accordingly, it is an object of this invention to provide a system and method for 
measuring patterns transformed by six degrees of freedom using a machine vision search 
tool having, generally the ability to register pattems transformed by four degrees of free- 
dom. The system and method should enable training and registration of a pattern par- 
ticularly based upon transformations along degrees of freedom that are not readily ac- 
commodated by the underlying machine vision search tool including aspect and shear. 

SUMMARY OF THE INVENTION 

This invention overcomes the disadvantages of the prior art by providing a system 
and method for utilizing a search tool that finds and/or registers (finds and locates) trans- 
formation of a trained pattern by at least four degrees of freedom to register the instance 
of a pattern in an arbitrary six-degree-of-freedom pose. 

According to a preferred embodiment the system is first trained by providing 
multiple pattems corresponding to different aspect and shear (pan and tilt) with respect to 
an original template pattern. In one embodiment, training can involve a synthetic (or 
physical) panning and tilting of the template pattern to generate the desired plurality of 
instances of the trained pattern at different amounts of aspect/shear aspect (e.g. the two 
degrees of freedom not handled by a four-degree-of freedom search tool). In an alternate 
embodiment, in cases where the search tool allows a user to specify differing levels of 
aspect/shear with respect to an image, training can entail the storage of a particular tem- 
plate pattern that is subsequently transformed based upon the user-specified aspect/shear. 
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Once the search tool has been trained with the appropriate training patterns, the 
search tool is directed to acquire an image of an object containing one or more instance of 
the trained pattem(s). In a preferred embodiment, the instances of the trained pattern are 
found, and located (e.g. registered) so that the six-degree-of-freedom pose of the xmder- 
lying object can be determined. 

According to one embodiment, a single instance of a fiducial or trained pattern on 
the object can be imaged and registered. The search tool can be run using the image with 
each of a plurality of trained patterns, each trained pattern representing a differing as- 
pect/shear. The result from each run can be scored, and the score that is highest can be 
identified as the prevailing aspect and shear associated with the object. Score can be de- 
termined based upon interpolation, using a parabolic fit of a given highest-scoring fidu- 
cial versus close neighbors on a parabola. Alternatively, a gradient descent can be used 
to determine the closest-matching training fiducial m terms of aspect and shear to the 
runtime image fiducial. 

According to another embodiment multiple fiducials or subpattems of a fiducial 
on the object are located based upon the trained pose information therefor and the relative 
six-degree-of-freedom pose is measured by providing a transformation between the lo- 
cated positions for other fiducials/subpattems with respect to the base fiducial/subpattem 
and the expected positions for other fiducials/subpattems with respect to a base fidu- 
cial/subpattem. The resulting position/orientation of the object is then determined. 

It is contemplated that the fiducials/subpattems according to this invention can be 
found only, (e.g. not also located/registered) according to an alternate embodiment, using 
the techniques described herein. 
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BRIEF DESCRIPTION OF THE DRAWINGS 

The foregoing and other object and advantages of the invention will become 
clearer with reference to the following detailed description as illustrated by the drawings 
in which: 

Fig. 1 is a schematic perspective view of a machine vision system and associated 
object viewed by the system, in which the object is transformed by six degrees of free- 
dom with respect to the system's reference frame; 

Fig. 2 is a flow diagram detailing a procedure for calibration a machine vision 
search tool so as to recognize transformation of a pattern in three dimensions; 

Fig. 3 is a plan view of an exemplary fiducial pattern for training the search tool; 

Fig. 4 is a plan view of a plurality of exemplary fiducial patterns based upon the 
pattern of Fig, 3 for training the fiducial, in which the patterns are transformed by varying 
degrees of aspect and shear; 

Fig. 5 is a flow diagram detailing a procedure for measuring aspect and shear in 
an object based upon patterns trained according to the procedure of Fig. 2 employing a 
single pattern on the object; 

Fig. 6 is a graph of an exemplary parabolic fit procedure for scoring a plurality of 
search results based upon aspect and shear according to the embodiment Fig. 5; 

Fig. 7 is a plan view of an exemplary multiple-pattern layout for measuring aspect 
and shear according to an alternate embodiment of this invention; and 

Fig. 8 is a flow diagram detailing a procedure for measuring aspect and shear in 
an object based upon patterns trained according to the procedure of Fig. 2 employing the 
multiple-pattern layout of Fig. 7. 

DETAILED DESCRIPTION OF AN ILLUSTRATIVE 

EMBODIMENT 

Fig. 1 shows a generalized setup 100 in which a camera assembly 1 10 is directed 

at an object 112 located within a work area 1 14, in which the object lies within the field 

of view of the camera as defined generally as a region about the camera axis 116. This 

camera axis defines a relative search tool reference frame/system that is represented by 

the set of axes 118. 
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The exemplary camera assembly 110 includes an imaging device such as a solid- 
state charge-couple device (CCD) and an appropriate image capture device/processor 
such as a framegrabber. The camera is interconnected with a computer system 120 hav- 
ing a display 122 and a graphical user interface manipulated by a keyboard 124, mouse 
and/or similar devices. Residing on the computer 120 is a machine vision system and 
related software as described fiirther below. Note that the term "software/' as used herein 
refers generally to any number of actions and data structures, whether implemented by a 
general-pxirpose processor or any an application-specific or custom processor (example — 
firmware. It is expressly contemplated that additional camera assemblies can be inter- 
connected (see phantom camera and link 126) v^th the computer 120 and directed at the 
work area 1 14 and/or object 1 12. These cameras can be selected for imaging the object 
when appropriate, such as when a predetermined portion of the object is at a non- 
viewable orientation/pose with respect to the illustrated camera assembly 110. 

As described above the x and y-axes define the image plane with respect to the 
orthogonal z-axis (camera axis 1 16). For a conventional non-ranging camera, the z-axis 
is representative of scale since translation of an image along the z-axis appears as a rela- 
tive change in viewed image size rather than a defined coordinate translation. Similarly, 
any transformation of the image along orthogonal x and y-axes are viewed as a change in 
the relative location of the image within the applicable camera field of view. In addition, 
rotation about the respective camera axis 130, 132 (z(scale)-axis), within the image plane, 
is denoted as angular rotation (0). The degree of rotation (0) is accordingly viewed as a 
relative rotation in the viewed image pattern. 

The camera 1 10 transmits captured images v^thin its field of view to a commer- 
cially available machine vision system capable of acquiring a respective image from each 
of at least two separate camera assemblies. The machine vision system according to this 
invention includes a search tool adapted to register a pattern, based upon a trained image 
thereof, transformed by at least four degrees of freedom — at least two translational de- 
grees (x and y axes/image plane) and at least two non-translational (typically rotation 6 in 
the x-y plane and z(scale)) degrees of freedom. Note that a basic search tool registering 
transformation of a pattern in two translational (x, y) degrees of freedom can be imple- 
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mented according to an alternate embodiment described below. For the purposes of the 
preferred embodiment, however, an exemplary search tool that registers transformation of 
an acquired image by at least four degrees of freedom including the two translational de- 
grees (x, y) and two non-translational degrees (rotation 8 and z(scale)) is the rota- 
tion/scale-invariant search (RSIS) tool such as the above-referenced Patmax®or Hexavi- 
sion® system. 

Note by "translational" it is meant, viewed linear displacement in an image plane 
clearly viewed by the camera, while "non-translational" means a change in the viewed 
image outside the parameters of the image plane such as general rotation of the image, 
change in size/scale due to movement toward and away from the camera, change in as- 
pect ratio (rotation outside the image plane in one axis lying in the plane) and change in 
shear (simultaneous rotation outside the plane in two planar axes). In general, the search 
tool of the present embodiment is adapted to view the z(scale) axis as a non-translational 
degree of freedom. 

Additionally, as used herein, the term "find" or "finding" in the context of the 
search tool shall refer to the process of looking for an instance of a selected pattern in an 
acquired image, and reporting whether such an instance of the pattern has occurred. "Lo- 
cate" or "locating" shall, in this context, refer to the performance of measurements of 
fovind instances of the pattern, and "register" or "registering" shall refer to the combina- 
tion of finding and locating of the pattern by the search tool. 

In order to determine the three-dimensional location of an object, the camera is 
first trained to recognize a specific pattern that, according to this embodiment, defines a 
fiducial mark having a distinctive design and recognizable orientation. This fiducial is 
placed upon, or is part of the underlying object to be located by the system. The exem- 
plary fiducial shown in Fig. 1 defines a circle 150 having alternating light and dark quad- 
rants. However, any pattern which can be registered within the selected degrees of free- 
dom can be used as a fiducial according to this invention. Other examples of fiducials 
can, therefore, include a unique object shape/outline, a logo on the object, or a particular 
structure/extension attached to the object. In general, the search tool uses previously 
trained pattern data in order to register a pattern in a currently viewed image. In other 
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words, the software in the search tool attempts to "recognize" an instance of the trained 
pattern in the viewed/acquired image. 

As described fiirther below, the object can include multiple fiducials, such as fi- 
ducials 152 and 154 on selected surfaces. 

The following is a description of a technique that enables the exemplary search 
tool (an RSIS tool, for example), which capable of registering transformation of a pattern 
by four degrees of freedom, to successfully identify and locate instances of the trained 
pattem in arbitrary six-degree-of freedom poses. Note that the exemplary object 1 12, and 
underlying fiducials 150, 152, 154 are disposed at a shear (^^0,\\fi^O) implicating all 
six degrees of freedom. 

Briefly, the first part of the invention involves acquiring images of multiple pat- 
terns corresponding to synthetically panning and tilting the original pattem to thereby 
train the search tool with respect to the pattems. Then, the search tool procedure is run to 
search for all of the different pattems in the image. The second part of the invention in- 
volves registering multiple fiducials (or different parts of the same fiducial) in order to 
measure relative positions from which to measure shear and aspect (e.g. the two degrees 
of freedom not handled by a four-degree-of freedom search tool). 

Fig. 2 details a procedure 200 for training the search tool in view of instances of 
pattems in arbitrary six-degree-of-freedom poses. First, an initial pattem to be registered 
by the search tool, and, accordingly, applied to an object is provided. In this embodi- 
ment, the pattem is the fiducial 300 shown in Fig. 3 consisting of alternating light and 
dark quadrants. However, the pattem to be trained and located can be any acceptable 
shape that can be sufficiently discerned by the search tool including a logo or structure on 
the object or an underlying shape of the object itself In this example, the pattern/fiducial 
comprises a circle. A template of the pattem is made (step 202) from the basic pattem 
viewed in a perpendicular plane to the camera axis as shown in Fig. 3. 

It is contemplated that search tool training, for the purposes of this embodiment, 
can be accomplished using only one fiducial pattem template — while a plurality of fidu- 
cials (typically similar fiducials) may be present on the actual object being located during 
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a run of the search routine. Initial training with one fiducial/pattern involves the posi- 
tioning of the pattern so that it is substantially orthogonal to the camera axis (e.g. i|; = (j) = 

0). 

Given an original pattern template (which can be an acquired fiducial on the ob- 
ject), multiple aspect/shear patterns are then generated, which warp the original pattern 
template (step 204). This can be performed by physically rotating a surface containing 
the template in the presence of a camera, or by synthetically altering the shape of the 
pattern using an appropriate three-dimensional drawing software application. As an al- 
ternative to synthetically/physically generating various pan and tilt (aspect/shear) patterns 
from the template for training purposes, certain search tools (such as Patmax®) enable a 
user to specify a given value aspect/shear for an image. Even though the tool does not 
search over a number of aspects/shears, a selected value can be entered by the user, and 
retraining of the tool ui view of this input is not required. Accordingly, training proce- 
dure steps 204-onward can be adapted for search tools that accommodate runtime input 
of specific aspect/shear values. 

Where the training procedure 200 of Fig. 2 is fully applied, reference is also made 
to Fig. 4, which shows patterns that are generated by synthetically warping the pattern to 
have different aspect and shear values. In particular patterns 402, 404, 406 and 408 show 
a change aspect ratio, that can be incremented according to a predetermined relationship, 
such as rotation by ten-degree increments from 0 degrees (pattern 402) to 40 degrees 
(pattern 408). Likewise, patterns 412, 414, 416 and 418 can be generated with differing 
levels of shear. Various combinations of aspect and shear can be generated, so that a 
large number of incremental, known levels of aspect and shear are provided. 

Then, the search tool procedure is run to find the pattern in arbitrary poses (step 
206). In particular, the search tool is run multiple times with each of the multiple tem- 
plate patterns corresponding to the different synthetic aspect/shears until all desired pat- 
terns have been run (decision step 208). Each time the procedure runs through a pattern, 
it increments to select the next pattern in the run (step 209). These patterns are provided 
as synthetic image data, preferably. Alternatively, the patterns can be provided as a se- 
ries of actual image acquired by the camera, as noted generally above. However, since a 
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run consisting of a large number of patterns is desired, the used of a succession of syn- 
thetic images is preferred. Once all patterns have been run through, and located, the 
training stage is complete (step 210). 

Note that, during training, the user can specify the range of aspects and shears that 
will be required (just as the user can specify the range of expected orientations and scales 
for commercially available RSIS/search tools). The user can also specify the "step" or 
increment size, thereby defining which aspect ratios will be handled (i.e., aspects = {0.85, 
0.9, 0.95, 1.0,1.05,1.1,1.15}) 

Note also that the above-described training procedure can also be applied to sub- 
patterns in one or more pattems/fiducials. For example, semi-circles can be trained in a 
variety of aspect and shear orientations. 

While the creation of a synthetic pattern including various degrees of shear and 
aspect is described, it is expressly contemplated that certain search tools, such as the 
above-described Patmax® enable a user to specify a linear transform to apply to the 
training procedure and/or the acquired runtime image, thus obviating the need for syn- 
thetic shear/aspect images. Accordingly, training in the presence of this transform does 
not entail training multiple patterns, but rather, running the search tool with different in- 
puts that are each derived from the transform acting upon the single trained pattern. 

Having described the training of the search tool to recognize patterns at different 
aspect and shear orientations, the location and measurement of aspect and shear to define 
the orientation and position of an underlying object is now described in further detail. 

It is contemplated that either a single pattern/fiducial, or multiple pat- 
tems/fiducials can be alternatively employed according to this invention to deteimine the 
six-degree-of-fireedom pose of an underlying object. The following is a description of 
procedures for determining the pose from a single fiducial/pattern and from multiple (ex- 
ample — ^three) fiducials/pattems. 

A general procedure for computing six-degree-of-freedom pose using a single fi- 
ducial or pattern is described in Fig. 5. The procedure 500, first acquires an image of the 
object and an associated fiducial or pattern (step 502). The search tool is run using 
trained patterns at all the various poses, or appropriate transforms of the basic pattern for 
differing aspect/shear values. Each run results in the determination of a score for the 
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trained fiducial with respect to the runtime image (step 504 — described further below). 
The procedure repeats, selecting a new trained pattern (step 506) imtil all relevant train- 
ing patterns have been run by the search tool (decision step 508). The aspect/shear corre- 
sponding to the run pattern with the highest score is then selected (step 510). From this 
value, the relative pose of the underlying object can be derived by appropriate transforms 
(step 512). 

To determine the highest score for aspect and shear, two alternative techniques — 
parabolic fit or gradient descent — can be employed. 

A paraboHc fit of the scores associated with the "highest scoring pattern" and the 
"neighboring patterns" in aspect and shear can be employed with reference to Fig. 6, For 
example, if pattern A (shear=0.03, aspect=0.09) had the highest score (0.75), then con- 
sider the two scores associated with the two adjacent patterns in the shear direction (pat- 
tern B (shear = 0.02, aspect = 0.09) score = 0.74 and pattern C (shear = 0.04, aspect = 
0.09) score = 0.72), then a parabola 600 is scribed through the three numbers to locate the 
maximum value (star 602). Interpolation can be used to compute this value, approxi- 
mately shear = 0.0275 in this example. Note that parabolic fit techniques can be applied 
generally to refine the other variables for a given six-degree-of-freedom object pose (x, y, 
z(scale) and 0), in addition to shear and aspect according to this embodiment. 

Note that the x, y, z(scale) and 0 variables are refined using bilinear interpolation 
of the X, y, z(scale) and 0 variables of the search result associated with the four "neigh- 
boring patterns" in aspect and shear. This bilinear interpolation can be based upon the 
scores of the search results or it can be based upon the differences between the "peak" 
aspect/shear values and the aspect/shear values of the neighboring patterns. 

In addition, an exemplary computer-readable code expression for determining the 

parabolic peak can be written as follows: 

double cfParabolicPeakPosition(double originalValue, double left, double 
center, double right, double stepSize ) 

{ 

double numer, denom; 

numer = right - left; 

denom = (2*center - right - lefl)*2; 

if(denom-=0.0) 
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retum(originalValue); 

else 

retum(originalValue + stepSize * numer/denom); 

According to an alternate embodiment o. gradient descent (discussed in further 
detail below based upon three fiducials) can be employed to search for the "optimal shear 
and aspect." The procedure starts with the value for shear/aspect corresponding to the 
pattern exhibiting the highest score, then the procedure would compute scores for 
shear/aspect nearby this start configuration, and updates the shear/aspect configuration 
until the computed score no longer increases. 

Note that the "derivatives" dScoreldShear, and dScore/dAspect can be numeri- 
cally computed to improve the efficiency of the gradient descent procedure above. It is 
contemplated that certain commercially available search tools enable a user to specify 
values for shear/aspect with respect to an acquired image. Accordingly the search tool 
procedure can be run on the runtime image while slightly modifying the shear and aspect 
associated with this runtime image. This process allows the computation of scores with- 
out training the tool based upon multiple shear/aspect patterns. Rather, the tool is run 
with different mputs of aspect/shear (pan and tilt), and the scoring is computed for each 
search result therefrom. Note that gradient descent techniques can be applied generally to 
refine the other variables for a given six-degree-of-fi:eedom object pose (x, y, z(scale) and 
9), in addition to shear and aspect according to this embodiment. 

An ahemate embodiment for computing six-degree-of-freedom pose is now de- 
scribed. The example herein is based upon three discrete fiducials/pattems on the object. 
Fig. 7 shows an exemplary group of three fiducials Fl, F2 and F3, on the surface 700 of 
an object. Similarly, a procedure for locating and measuring aspect and shear based upon 
multiple fiducials (Fl, F2, F3) is shown in Fig. 8. In general, the procedure 800 entails 
the use of multiple search tool targets (either different fiducials or subpattems on the 
same fiducial) in order to provide multiple location measurements. First, the search tool 
acquires one or more images of the object containing the target fiducial(s) or fiducial 
subpattems (step 802). 
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According to procedure (refer to step 804 in Fig. 8), the fiducials Fl, F2 and F3 
are located by the search tool in the acquired image(s) of the object 700. The locations of 
these fiducials have been determined using the scoring techniques, using search tool re- 
sults for the fiducials exhibiting the best respective scores. Assume that the expected 
relative positions, scales, and orientations between the fiducial(s)/subpattems are known 
in advance by the procedure— having been accurately measured on the object to be lo- 
cated. In the case of subpattems, the search tool is trained to locate selected subpattems 
of the fiducial, as described above. Note that the procedure would then be provided with 
the expected relative positions between the subpattems. 

It is often desirable to generate multiple search tool results representing different 
pan and tilt angles for the trained patterns/fiducial, and select the search tool result having 
the best score for the respective pattern/fiducial, based upon the closest aspect and shear 
fit with the imaged fiducial/pattern on the object. Where multiple search results are pres- 
ent, and a single result is to be employed, the search resuh having the highest "score" 
typically provides the preferred solution— where score is generally based upon viewing 
different aspect/shear patterns (e.g. different degrees of pan and tilt) and fmding the in- 
stance that is the highest-scoring/most-robust of the patterns. Score can be computed as a 
function of coverage ox fit error between the trained pattern and the runtime instance of 
the pattern. For the exemplary Patmax® search tool, score would be computed as: 

cover agelil + fit error). 

Having determined locations according to highest score of multiple search results, 
the overall procedure can now combine the best-scoring search results to determine the 
position of the object in six degrees of fi-eedom with respect to expected transformation 
between the multiple fiducials/pattems (step 806). 

By way of example, assume that F2's expected position is exactly 60 scaled units 
to the right of Fl along Fl 's x-axis (704) as taken fi-om an arbitrary center point on Fl . A 
scaled unit is one in which the measured distance is divided by the measured scale of Fl. 
If F2's measured position (relative to Fl) is 56 scaled units, then the aspect ratio is 56/60. 

Furthermore, assume F3's expected position is exactly 40 scaled units above Fl's 
x-axis (along y-axis (706)). Then, if F3's measured position is 40 scaled units above Fl 
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along its x-axis, and 2 scaled units to the right (arrow 2u) of Fl 's y-axis, then resulting 
the shear ratio would be 2/40. 

More generally, the procedure of this embodiment attempts to solve for aspect 
and shear given the measured relative positions of F2 and F3 and their expected relative 
positions. It is contemplated that a single search result, extracted from a plurality of 
search results obtained at different pan and tilt angles, can be used to compute the six- 
degree-of-freedom pose. The procedure for selecting the best search result is described 
further below. However, the general computation of the orientation of the object based 
upon multiple fiducials is first described as follows: 

By way of example, now consider the relative positions normFid21, normFidSl 
between F2 and Fl and F3 and Fl normalized by the orientation and scale of Fl 

Let R be the rotation matrix which rotates a point by the opposite of Fl 's meas- 
ured orientation characterized as follows: 

cos(-angle_Fl) -sin(-angle_Fl) 
sin(-angle_Fl) cos(-angle_Fl) 

Next, let S be the scale matrix which scales points by the opposite of Fl 's meas- 
ured scale. S is defined as follows: 

l/scale_Fl 0 

0 l/scale_Fl 

Then, the following expression is provided: 
NormFid21 = R * S * [(x, y)_F2 - (x, y)_Fl] 
NormFidSl = R * S * [(x, y)_F3 - (x, y)_Fl] 

Assume that the expected relative positions of F3 and F2 are provided as 
ExpectedFid21, ExpectedFid31. 

Assume also that that there is a linear transform between the expected relative po- 
sitions and the normalized measured relative positions and let M be a 2x2 matrix corre- 
sponding to that linear transform. Matrix M is defined by: 

A B 
C D 

Then: 
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NormFid21 = M * ExpectedFid21 
NonnFidSl = M * ExpectedFidS 1 

Since each point has two coordinates (x, y), the above two expressions correspond 
to the following four equations: 

NormFid21 .x = A * ExpectedFid21.x + B * ExpectedFid21.y 
NomiFid21.y = C * ExpectedFid21.x + D * ExpectedFid21.y 
NormFidS 1 .x = A * ExpectedFidS 1 .x + B * ExpectedFidS 1 .y 
NonnFidS 1 .y = C * ExpectedFid3 1 .x + D * ExpectedFidS 1 .y 
The equations are rearranged so that there are two equations about A and B and 
two equations about C and D as follows: 

NormFid21 .X = A * ExpectedFid21 .x + B * ExpectedFid21 .y 
NormFidS 1 .x = A * ExpectedFidS 1 .x + B * ExpectedFidS 1 .y 
NonnFid21.y = C * ExpectedFid21.x + D * ExpectedFid21.y 
NormFidS 1 .y = C * ExpectedFidS 1 .x + D * ExpectedFidS 1 .y 
Given two linear equations in two unknowns (A, B) or (C, D), it is well-known 
how to solve for (A, B) and (C, D). 

The (A, B, C, D) matrix M can be composed with Fl 's rotation scale matrix to 
provide a full four-degree-of-freedom rotation matrix. When composed with Fl's trans- 
lation vector, this provides a full six-degree-of-freedom matrix measurement. 

Having computed the six-degree-of-freedom orientation using either a single fi- 
ducial/pattern, or multiple fiducials/pattems above, the prevailing six-degree-of-freedom 
pose (location and orientation) of the object can now be determined by applying appro- 
priate transforms based upon the known position/translation of selected fiducials patterns 
on the object (step 808). 

Note that the use of three fiducials Fl , F2, F3 as described above generally en- 
ables measurement of the prevailing aspect and shear, therefore allowing for correction of 
the training fiducial's pose. It is possible to train on one of the three fiducials and run the 
procedure on the other two fiducials provided that the expected relative position of the 
other two to the trainmg fiducial is known. If not already known, the relative positions 
should be ascertained during the training procedure through manual or automated proce- 
dures. 
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Finally, it is contemplated, according to an alternate embodiment that the princi- 
ples described herein can be applied to a search tool having the basic capability to regis- 
ter transformation in as little as two translational (x, y) degrees of freedom. To accom- 
plish this, templates are created with varying aspects and shears. Based upon the above 
description for determining the best scoring aspect/shear, a procedure according to this 
alternate embodiment now find the best scoring scale, rotation, aspect and shear template. 
Where parabolic interpolation was employed on neighbors of aspect/shear to refine val- 
ues for X, y, z(scale) and 0, the procedure of this alternate embodiment uses parabolic in- 
terpolation on neighbors of rotation, scale aspect, shear and refines x, y. Accordingly, as 
generally defined herein, the term "search" tool can also include a basic (x, y) search tool 
used in conjunction with the procedure of this alternate embodiment. 

The foregoing has been a detailed description of a preferred embodiment of the 
invention. Various modifications and additions can be made without departing from the 
spirit and scope of this invention. For example, while the image of the object is acquired 
using a single camera on a single surface, it is expressly contemplated that fidu- 
cials/fiducial subpattems can be located on a plurality of surfaces and imaged by separate 
cameras in communication with the search tool. Likevidse, a plurality of cameras and im- 
ages can be applied to different parts of the same fiducial or pattern to derive a composite 
search tool result. Finally, it is expressly contemplated that any of the fimctions or op- 
erations described herein can be performed using hardware, software (e.g. any a com- 
puter-readable medium), or a combination of hardware and software. Accordingly, this 
description is meant to be taken only by way of example, and not to otherwise limit the 
scope of the invention. 

What is claimed is: 
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